with an integer ~20. By (1) 
Let G/Z(G) be abelian. Take z0 E G -Z(G). If zi $ Z(G)
, then b d n -2 in notations of Lemma 5, so that in(n -1) = log, IG'( < i(n -2)(n -3) + (n -2) = $(n -l)(n -2) which is a contradiction. In this case, G/Z(G) = E(p"), an elementary group of orderp".
Now let IG/Z(G))'l =p. Then, by Lemma 5, exp Z,(G)/Z(G) =p. Suppose that Z,( G)/Z( G) contains two distinct subgroups A/Z(G) and B( Z( G) of order p. Let A= (z,,,Z(G)) and B= (yo,Z(G)).
By (1) ... + (n-e,-... -e2) < (n-2)+(n-3)+ ". + 1 = ;(n-l)(n-2)<$z(n-l)-1 as, by our assumption, n B 3 in the abelian case. Now suppose that G is not abelian. Then A4 < r'. Therefore $n(n -1) -s = log, Ir'l> log, iA41 = $n(n -1) -1, and hence s = 0. By Theorem 6, G z T/Z(T) = T/M = ES(i(n -I), p). If n > 3 then, by Theorem 4.7.3 of [2] , m(G) = 2{~(n-1)}2-~(n-1)-1 = ;(n-1)(+2)-l < $+-1)-l, which is a contradiction. Thus n = 3 and G is nonabelian of order p3 and exponent p. a Remark. Theorem 6 solves Exercise 6.41 from the book [3] (for further information in this direction, see exercises at the end of Chapter 6 of [3] ).
